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SIRURI 51 FUNCTII DE TIP LALESCLU

D.M.BATINETU-GIURGIU si Maria BATINETU-GIURGIU

~ In lucrarea [1] a fost mtrodus conceptul de gir Lalescu iar in 2] an fost
defimte fmetiile Fuler-Lalescn arftind printre altele i
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a dova.
i articolul de 3 ne propunem s3 extindem unele dintre aceste rezultate §i

pentru aceasta notam 7 (R7) = {f| /R ~R1}|.

Definitia 1. Fie ac B Spuncm ca functia /= . (B1) este o a-functie
Lafescu de tipul 1. daci exista
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Definitia 2. Fie oc B.. Spunem ci funciia fc 5 (E,) este o a-functic

Lafesen de tipul 2, daca exisla
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lim 2L giexis lim .T-[f{x} |
Iove _ir{.'l"} T ||_
Defnijia 3, Tie o B, Spunem cl funcgia fc F{R_} cste o a-funcpie
FLalescw de tipul 3. dacd exista
lim ﬂx"-r_]_} a siexisla lim | f(x) 1A
z o _fl:_.T} T
In legiturd cu aceste conceple definite mai sus vom demonstra unele

propozitii si teoreme care scot in eviden|d proprictifi importante ale acestor
concepte.

© Propogijia L. Docd e 5 (%) eve o asfunciie Lalesou de tipud 1, atunct
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Demonstragie. Deoarece exisli  lim [ l--[_,ff.:]}*] = h | amnci
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de unde aplicind criteriul raportuli deducem o
Proporitia 2. Dacd £ .F (R} este o a-funciie Lalescu de vpul 2, atunci
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Demonstratie. Deoarece cxista = lim [1-{ Fi fx},'IIJ . Avem

K=
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Propozitia 3. Decd fe 5 (R.) este o a-funcgie Lalescy de tipul 3.
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Demonstratie. Deoarcee existi ¢ = lim { f{x))* . avem

] .
¢ lim (f(n)) = lim YF(n) = tim L2201
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Teorema | Dacd fe (R ) este o afuncpie Lalescu de tGpul |, atunci
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Demnsiragic Fi fof:=tf{m:uﬁ ) = GO i - 1),
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unde u(x) = {f(xn 13!] V- f(x))

Este evident cit
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gi alunci  lim wr) -1 . Prin unmare
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Teorema 2. Dacd = #F(RY} este o a-fimcgie Laleseu de fipul 2, atunc
|
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Teorema 3. Dacd fe F (R} este o a-funcpie Lalescu de tipul 3, ainci
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Cazuri particulare. 1. Daci in Definigia | lim  f{x)-T{x+1) alunei

a=1,b=e"" giastfeldin Teorema | obfinem rezultan] (1). In particular

lim {r{mz}}:]ﬁ—(r{nn}]%] =I'Em[ "'*,a"{nurjt-",fn‘!] wel

acicd am obtinut limita girabat lw Pradan Lalescn.
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2. Daci in Definifia 2 ham f(x)={I'(x+1))"  anmci
a=1,d~-¢ siastfel din Teorema 2 objinem

ey 1
(5) lim [{rftf{rtxnzjj wrl —.T’IE_}"[xH}} IJ i
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In particular
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adici am objinut limita ginului Baire fn-Ciurgiv.

3. Daci In Definitia 3 lnlim  f{x) =x, atumci o=1 giasifel din

Teorema 3 deducem ci
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adicd am objinut limita sirulni & T fanculescu (Gazeta Matematicd, anul 1914},
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SEQUENCES AND FUNCTIONS OF LALESCU TYPE

Abstract Tn this note we give gencralizations of Euler-fogchimescu fuhctions,
Then we extend the concept of Lalescuw sequence.
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