Lucrarde Seminarclun de
CREATIVITATE MATEMATICA
Vol. 9 (1999-2000), 109 - 112

O APLICATIE A INEGALITATII LUI ABEL

Maria Elena PANAITOPOL, Laurentin PANAITOPOL

La un concurs din 1983, Dorin Andrica a propus problema:

Pentru x,y,z R are loc inegalitatea:

S S
¥y =z X ¥ 2 X

De curind, Gheorghe Berinde 3 Claudiu Chindris au publicat
in [1] o demonstratie i citeva observajii asupra acesiei inegalithyi.
Vom da in continuare un rezultat mai general utilizind o celebrd

teorema.

Inegalitatea lui Abel
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Propozitie. Daca o, . g .a_....d_ sunl numere pozitive si
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Demonstrapie. Fard a micgora generakiales vom presupune
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Asadar pentru 1=k <n avem A +4,+.44, =0 adica

@a,...a, > 1. Din inegalitatea medilor rexulta
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Notim y, =af*-1sgix, =al. l<k<n
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Avem ».y, =0 pentry orice 17 <n.
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Deoarece x, = X, =..= x, aplicdm inegalitatea lui Abel {1 rezultd
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Cazuri particulare.

1). Dacél a,,4,,....a, >0 § ad;...a, > 1 rezultd

n n
Zﬂk = Z”e
k=1 k=L

in propozitia demonstrati alegem o = 1 i F- 1.
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2}. Dacd b b, ... b, sunt numere reale cu ih,h‘....

atunc Z.ﬁ:’ Ez.ﬁ't .
3= =1
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Fste suficient s notim r.rf=|frfl gi sd observim ca

A H
Z| b, | = 3 b, s din inegalilatea precedentd rezultd enuntul.
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3). Pentru x,y,z ek’ notim b ==, b, =< gi b, =— s
k4 < *
aplicind 2) obtinem inegalitatea lul Dorn Andrica.
4). Pentru c,,c..---,¢, =0 notdm G=yece,...c, i dach
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Pemtru demonstratie notim @, = 'r': g avem Jla, =1
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propozitia demonstratd avem
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nlocuind ¢, cu ¢ in aceastd inegalitate obtinem
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In final facem observatia ci in acest mod am reglsit §i

inegalitatea
Sorioara 3
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k=1 * k=l ﬂ: =i h'.ﬂf

daci ¢ > f g, >0 pentru 1<k <n
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AN APPLICATION OF ABEL’S INEQUALITY

Abstract. In this note, using an inequality of Abel, we @ve the
following mequality for o, 8.0,.4,,...,49, positive numbers with
a =8 and aa.a,.a, =1:

Er;rf - Elu';“ ;
=1 =1
Then we discuss four important particular cases.
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